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Adoelg Ty aoxNoewy

1 f:(0,1) = R elvaw opodpopea auveyns. AsiEte T eivor
epoyrévy ato (0,1).

Avon: AoV f opoldpoppo cvveyng vmapyel 6 > 0 TéToLo
wote ov |z —y| < 0 tote |f(z) — f(y)] < 1. Ag elvaw n € N
0. + < 5. Xwpifovpe 10 (0,1) oe n ioo StacThuaTo pi-
%xoug 1/n xow ovopdlovpe z1 = 1/n, zo = 2/n xAw. ‘Exovpe
rowmoy |f(z2) — f(z1)] < 1 xow oo |f(x2)| < |f(z1)| + 1.
Opoiwg Seiyvovpe |f(xz)] < |f(z2)| + 1 < |f(z1)| + 2, xAm,
|[f(zp)] < |f(z)] +(k—=1), yto & = 2,3,...,n — 1. Apa yro
xébe j éxovue |f(z;)| < |f(x1)] +n. Av tdpa = € (0,1) 6T TO
T OVYXEL OE XATOLO ATO T SLUCTAUATO TNG OLAUEQPLONG OTTOTE
eQoEPOLoVTOG axdun KLoe QoPE TNy LOLOTNTO TNG OUOLOUOPPNG
ovvéyetag éxovpe 6t | f(x)| < |f(x1)|+n+1 7o omolo eivar xon
TO QEAYUo TG f.

2 f:]0,1] — R eivow Riemann oAoxAnpdoiun. Opilovpe
h(z) = [ f(t)dt yrae z € [0,1]. AeiEte 6t M h eivan opotd-
poppo. cvveyng oo [0, 1].

Adon: Acg eivan |f(z)] < M vy xé0e x € [0,1]. "Exoovpe yro
]
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[h(y) — h(z)| =

Yy )
< [1f@ldt < [ Mdt= Mz —y].

T

"Emteton 6t n h eivow Lipschitz pe otabepd M, dpo xow opold-
LOPQOL GLVEYTS.

3 f:R — R elvaw opotépoppa ovvexng oto (—oo,0]. Eivor
emtiong opoLopopa ovvexng oto [0,+00). AciEte dtL eivorn
opoLépop@o ovveyxns oto R.

Abon: ‘Eotw € > 0. Aé ty vmdbeon pog vmépyovy 61,02 > 0
T.0. v 2,y <0 xow |z —y| <01 6t €meTan 6T | f(x) — f(y)| <
€/2 now emiong av z,y > 0 xou |f(z) — f(y)| < J2 ToTE EMETON
ot |f(x) — f(y)| < €/2. Ay mépovpe § = min{d;,d2} > 0 té1e
av z,y opodonua (] 0) xou |z — y| < § énetan 6t |f(z) — f(y)| <
€/2 < e. Ay x,y etepdonuo xan |x —y| < 6 TOTE €YOoLPE MO
|z —0] <0 %o |y — 0] < 0, qpa éxovpe |f(z) — f(0)] < €/2 xon
1



2

[f(y) = F(O)] < /2. Apa
[f (@) = fFW < [f(2) = FO) +[f0) = fly) < e/2+¢€/2<e

4 f:R — R elvon ouveyng xow @poypévn. Opilovue g(z) =
Jo f(t)dt yio 2 € R. AciEte 6L 1 g eivon 0poL6pop@a cLVEXHS
oto R.

Abon: AoV f ovvexng éxovpe amd to OcpeAddeg Oewpnua
oL AT. Aoytopod 6t tavtod ¢’ = f. A@od 7 f eivar pporypévn
EmeTol OTL M g EXEL QPEOYUEVY] TTOPAYWYO, Gpar lvor Lipschitz
X0l OUOLOULOPPO. CUVEYNG.

H St doxnon Oo pmopovoe va éxer tebel ywplc vor vTo-
Béoovpe ovvéyeta g f AN udvo OTL elval QEOoYREVY] oL
Riemann oloxAnpwotun oe xdbe Stdotnua. Tédte n amddelEn
elvon (St pe Ty Aoxnon 2 mopoamdve.



