ANAAYZH II - AvotEy 2025-26 - QuAAadto Aoxnoewy 1 - M. KoAovvtlaxng

I[IanemzTaMIO KPHTHE — TMHEHMA MAGHMATIKON KAI E0APMOZMENGN MA®OHMATIKON

Ou aoxfoelg avTég elvan yior vor AvBovy amd eodg Toug (Sovg. Tlpoomabeiote va Mdoete doo yiveTon
TepLtoobtepeg ToLy €pbete ota epyaotnpta g [apaoxevrg dmov bo cag mapéyetar Porbeta yio ™)
AOOYN 60wV OO VTEG DEV EYETE XUTAPEQPEL VoL ADOETE.

[Mpoomabeite vor ypdpete xétw T ETUYELPNLATA C0OC KE TEOTO WOTE vou Qodvetor xobopd ToLo
TPOTOOY ETLXaAELoTE xAbE QOopd xal TS TPOXVTTTEL TO Xd&be TL TO oTolo LoyvpileaTe.

Dépte owT6 TO PUANGSLO pali cog 6TO EQYOGTNOLO.
TeAevtoio evuépwon: 15 @ePpovapiov 2026

1 Me yp¥jon oL € — § 0pLEP.0L TNg oLVéyeLac SetEte dTL N ouvdiptnon f(z) = 22

r=1.

elvatl ouveyNg YL

2 Addote éva Topddetypa ouvdptog f : (1,2) — R mov va eiva Tovtod cuveyg aTo (1,2) oaAAG
oyt ppaypévn oto (1,2).

cos% x#0
0 z=0
ovveyng oto didotnue [—1,1]; Opotépopea cuveync oto R;

3 Acikte 6t n ovvdptnon f(x) = - eivow ouveyng ovtod. Eivow 1 f(x) opotép.oppo

4 'Eotw A évor o0voAo Tporypotix®y aplbuwy. AeiEte ot o ovvapton f : A — R dev eivou
POAYUEVN oy %ol LOYO ay LTTAPYEL axolovbia z, € A T.&. |f(xy,)| — +oo.

5 AmodeiEte 6t 1 ouvdpTnoT f(x) = e* dev eivor opoLépoppo cuveyng 0to (0, +00).
1

6 AmodeiEte 6TL M ovvapTnon f(x) = p— dev eivow opoLdpoppo cuveyne ato (1,2).
Tz —

7 Addote mopdderypa pto ovvapong f : (0,1) — R mov elvor ovvexng xot QEoryrévn ahhd oyl
opoL6popo ovveyng ato (0,1).

8 Av plo ouvéiptnom f, optopévn oe éva Staotnpa (PEoyévo R GyL) €YEL TAVTOD TOPAYMYO %o
|f(x)] < 10 yio x6be = ot0 TESi0 OpLopoy deiEte Tt M f elval opoLoLopPo cuveXNS 6TO TES(O
optopob tng. (Yrmodeén: Xpnotporoteiote to Ochpnuo Méong Tiung.)

9 Av a > 0 novvgptnon f: A — R Aéyetow tomov Lipschitz-a ay vmépyet pio Oetinn otabepa
C > 0 tétoa ote yo xabe z,y € A vo toydet | f(x) — f(y)] < Clz — y|®.

(o) AciEte 6t TéToleg oLVOPTATELS ElvalL OPOLOKOPPO. CLYEYEIC 6TO A.

(B) Adote éva opddetypor evig dtaotinotog A xor pLog ouvdptnong f: A — R mov va giva
Lipschitz-1 oAA& 6yt Lipschitz-1.

(y) AeiEte 6T av a > 1 té1e oL pdveg ovvapTtioelg oe éva dtdotnuar A mov eivan Lipschitz-a
eivor oL otabepés.

10 AmodeiEte 6Tl M ouvdpTnon f(x) = cosz elvor opoLéLoppo cuveyng oto R.
1

11 T v axorovbio a, toyvet |an, — apt1] < —5, YLo xabe n € N. AciEte 6Tl 1 a,, oLYXALveL o€
n

TEOYULOTLXO opLOud.

12 'Eotw a, € R xou
ap+ag+ -+ an

n

Hn =
N oxolovbia Twy Uéowy OpwY NG ay,.
AgiEte 6tL v a, — a TéTE MO U, — a. AciEte emiong, Pploxoviag *xoTAAAMAO ToPAdELYLOL
oxohovbiog a,, 6Tt T0 avtioTEoPo ey LoyVeL YEVIXA, OTL UToPel ONA. YO GUYXALVEL 1 iy, XWPELG YO
OUYXALVEL N Gy



