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Ov aounoelg avtég eivor yio vaw Avbody améd eodg Toug iStovg.
[Tpoorabeiote va Aoete o0 yiveton TepLoodtepes TELy €pbete
ota gpyoaotiota ¢ [apaoxeunc dmov Ba cog Topéxetor Bonbero
Yiow ™) AOGY] 60wV oTtd AUTEG OEY EYETE KATOPEPEL VoL ADGETE.

Mpoorabeite vo Ypd@eTe *x&Tw ToL EMLYELPNUATA TOG HE TEOTTO
wote vo Qolvetor xabopd oo TpdTooy emixoielote xdbe Qopd
X0 TG TTPOXVTTTEL TO X&be TL To omolo LoyvpElleaTe.

Pépte owté To PuANGSLO pali cag 6TO EPYUGTNHOLO.
TeAevtaio evnuépwon: 15 @efpovapiov 2026

1 Me ypnom tov € — § opLopol TN ouvéyeLag OetEte 4Tl 1 ov-
véotnon f(z) = 2? elvow ovveyrc yio z = 1.

2 Adote éva mapddetypo ouvdpong f ¢ (1,2) — R mov va
elvor Towvtod auveyng oTo (1,2) oG 6yt epoypévy ato (1,2).

1
cos T#0

3 Acikte 6t n ovvapon f(x) = z- 0 elva ovveYNg

0 T =
mtavtoL. Eivow 1 f(x) opotdpoppa cuveyrng oto dtdotnua [—1,1];
Opotépoppa ovveyng oto R;

4 'Eotw A éva abvoro mporypotixeyy optbucy. AcsiEte 6t pio
ovvaptnon f : A — R dev elvow ppoyuévn ov xol povo oy
VTTGEYEL oaxorovbio x,, € A T.6. |f(zy)| — +o00.

5 AmodeiEte 6Tt 1 ouvdpTnon f(x) = e® dev eivor opoLoLoPPL
ovveyng oo (0, +00).

1
6 AmodeiEte 411 M ovvapon f(x) = p— dev elvar opotd-
x —_—
noppo cuveyng ato (1,2).

7 Adote mopddetypa o ouvaptnons f 1 (0,1) — R mov eivo
OLVEYNG XOL PEOYLEVY AAAG Oyt opoLopop@a auveyfg ato (0, 1).

8 Av wa ouvdpton f, oplopévy oe éva drdotnuo (pporypévo
7 6L éxer movtob mopdywyo xon |f/(z)] < 10 yio xé0e x oo
miedlo oplopol OciEte 6t M f elval opoldpop@o cvveyNg GTO
nedio optopod tng. (Ymddedn: Xpnotpomoreiote 10 Ochpnuo
Méong Tiunic.)

9 Av a > 0 novvgptnon f: A — R Aéyeton tOTOL Lipschitz-o
ov vrapyel pLoe fetixn otabepd C > 0 tétolar Wote YL xabe
2,y € A vou woyder | f(x) — F(y)| < Clo —y|°
(o) AciEte 6TL TéToLeg CLYOPTAOELS ELVOL OLLOLOLOPPO CLVEYELG
oto A.
1



(B) Addote éva Topddetypa evég StaoTARaTtog A xoL pLog ov-
vaptorns f : A — R mov va elva Lipschitz—% oAAG Oyt Lipschitz-
1.

(y) AciEte 6T av a > 1 16te oL pdveg oLvoPTHoELS ot éva
dtdotnuar A mov eivar Lipschitz-a elvor ot otabepée.

10 Amodeikte 4Tt m ouvdpon f(x) = cosz elval ouOLOLOPPX
ovveyng oto R.

. . 1 .
11 T ™y oxorovbia a, toyVet |ap — ant1| < 3 Yot %x6be
n € N. AefEte 6TL N a), ovyxAlver oe TPaypoTind opELOuUd.

12 'Eotw a, € R xou
_artazt+---+an

n =

n
N axohovbia TwV uéowy CPwWY NG ay,.

AeiEte 6TL v a,, — a TOTE RO Yy, — a. AciETe etiong, Bploxo-
VTOG XOUTAAANAO TTorpadeLypor oxohovbiog ay, 6Tl T0 avTloTPOPO
Ocv LoyVEL YEVLXA, OTL UTOPEL ONA. Yo CLUYXALVEL N Ly, XWPELS VO
OLYXALVEL M ap,.



