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Migadik  An�lush

Upìdeigma DeÔterou DiagwnÐsmatoc (Di�rkeia 1 ¸ra me kleistèc shmei¸seic)

1. AnaptÔxte th sun�rthsh f(z) = (z−2)−1 se dunamoseir� me kèntro to 0. Poia eÐnai h aktÐna sÔgklishc?

2. Poiec eÐnai kai ti eÐdouc eÐnai oi memonwmènec anwmalÐec twn sunart sewn

(a) f(z) = sin z/z,

(b) g(z) = exp((z − 1)−1),

(g) h(z) = (z − i)−1 + (z − i)−2?

3. An |f(z)| ≤ 1 gia |z| ≤ 1 kai h f eÐnai analutik  sto sÔnolo {|z| ≤ 1} kai èqei mhdenikì deÔterhc t�xhc
sto 0, deÐxte ìti |f(z)| ≤ |z|2, gia |z| ≤ 1.

4. H f eÐnai analutik  sto tetr�gwno Q = [−R,R]× [−R,R] kai isqÔei |f(z)| ≤ M gia z ∈ Q. DeÐxte ìti

|f ′(0)| ≤ 4

π

M

R
.

MporeÐ na beltiwjeÐ h stajer� 4/π?


